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Äëÿ ïðîèçâîëüíûõ β > 1 è 0 ≤ α < 1 îïðåäåëèì îòîáðàæåíèå:

T = Tβ,α : [0, 1) 7→ [0, 1), Tx = {βx+ α},

ãäå {x} � äðîáíàÿ ÷àñòü x. Òàêîå îòîáðàæåíèå ìû áóäåì íàçûâàòü (β, α)�
ïðåîáðàçîâàíèåì. Èñïîëüçóÿ åãî, ìîæíî ïîñòðîèòü ðàçëîæåíèå ïðîèçîâëüíîãî ÷èñëà
x ∈ [0, 1) â ðÿä ïî îòðèöàòåëüíûì ñòåïåíÿì β:

x =
∞∑
n=1

f(T n−1
β,α x) · β

−n,

ãäå f(x) = βx − {βx + α} � öåëàÿ ÷àñòü βx ïðè α = 0 è å¼ àíàëîã ïðè α 6= 0. Äàííîå
ðàçëîæåíèå ÿâëÿåòñÿ îáîáùåíèåì k�àääè÷åñêîãî íà ñëó÷àé âåùåñòâåííîãî îñíîâàíèÿ.

Íàèáîëåå èíòåðåñíûìè ÿâëÿþòñÿ ñëó÷àè α = 0 è α =
{

1−β
2

}
. Ïîñëåäíåå ñîîòâåòñòâó-

åò òàê íàçûâàåìîìó "ñèììåòðè÷íîìó ñëó÷àþ"(òî÷êà 1
2
îêàçûâàåòñÿ íåïîäâèæíîé). Äëÿ

íèõ â äîêëàäå áóäåò âû÷èñëåíà ïðåäåëüíàÿ äèñïåðñèÿ ñóììû
N∑
n=1

f(T n−1
β,α x), ãäå îñíîâà-

íèå β ÿâëÿåòñÿ êîðíåì óðàâíåíèÿ βn − k
n−1∑
i=0

βi = 0, k, n ∈ N. ×àñòíûì ñëó÷àåì òàêîãî

óðàâíåíèÿ ÿâëÿåòñÿ çîëîòîå ñå÷åíèå, êîòîðîå ñîîòâåòñòâóåò k = 1, n = 2.
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