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Ðàññìîòðèì ôðàêòàëüíîå áðîóíîâñêîå äâèæåíèå BH = (BH
t )t≥0, ò.å. âûõîäÿùèé èç

íóëÿ ãàóññîâñêèé ïðîöåññ ñ íóëåâûì ñðåäíèì è êîâàðèàöèîííîé ôóíêöèåé

R(s, t) =
1

2
(s2H + t2H − |t− s|2H),

ãäå t, s ≥ 0. Îñíîâíîé ðåçóëüòàò ñîñòîèò â ñëåäóþùåì.
Òåîðåìà 1. Â ñëà÷àå 0 < 1

2
äëÿ ëþáîãî ìîìåíòà τ , èçìåðèìîãî îòíîñèòåëüíî åñòå-

ñòâåííîé ôèëüòðàöèè FBH
= (FBH

t )t≥0, ñ Eτ <∞ ñïðàâåäëèâî ñëåäóþùåå íåðàâåíñòâî:

−kH(Eτ)H ≤ EBH
τ ≤ kH(Eτ)H ,

ãäå

kH =
[(2π)−HΓ(2H + 1) sin(πH)]1/2
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Îñíîâíûå ðåçóëüòàòû, ñâÿçàííàÿ ñ íåðàâåíñòâàìè äëÿ BH
t èçëîæåíû â [1], [2]. Êëþ-

÷åâóþ ðîëü â äîêàçàòåëüñòâå òåîðåìû 1 èãðàåò ñëåäóþùèé ôàêò.
Òåîðåìà 2. Â ñëà÷àå 0 < 1

2
äëÿ ôðàêòàëüíîãî áðîóíîâñêîãî äâèæåíèÿ ñïðàâåäëèâî

ñëåäóþùåå ïðåäñòàâëåíèå:

BH
t =

cH
Γ(1

2
−H)

∫ ∞
0

β−1/2−H(Zβ
t − ξβ)dβ,

ãäå

cH =
[Γ(2H + 1) sin(πH)]

1
2

Γ(H + 1
2
)

,

à Zβ
t � ñåìåéñòâî ïðîöåññîâ Îðíøòåéíà-Óëåíáåêà ñî ñòàöèîíàðíûì íà÷àëüíûì ðàñïðå-

äåëåíèåì:

Zβ
t =

∫ t

0

e−β(t−s)dBs + e−βtξβ, ξβ =

∫ 0

−∞
eβsdBs.
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